2* Notation and definitions* If
S>f is a set of bounded linear operators on the Hubert space £%f, then we use S$f r to denote the set of all bounded linear operators on £%f which commute with every element of J^C We use the notation J^ to denote the set of all operators in s$f whose bound is less than or equal to 1. The algebra of all bounded operators on 3(f is denoted by .^(^). If J^ is an algebra of operators on £ϊf with identity, then the identity of jy is denoted by \ y . However, the identity operator on 3ίf will be denoted by 1 If & is a subset of ^(^), then the closure of 6^ in the ultraweak topology is denoted by S^~. Also, co Sf will denote the set of convex linear combinations of elements of ,S^.
As in [4] , we make frequent use of the monotone increasing function a: [0, 1/8] -> [0, 5/8] defined by a(a) = α + 1/2 -(1/4 -2α) 1/2 . We also make use of the following estimates for a:
2. Let G be a topological group and denote by BC(G) the Banach space of all bounded complex valued continuous functions on G with the supremum norm. A right invariant mean on G is a linear functional μ on BC(G) such that
If G has a right invariant mean we say that G is amenable.
3* The main theorem. The crucial step in proving the main theorem is Lemma 3.2. The proof of Lemma 3.2 is really just an application of the fixed point property for amenable groups. (See Theorem 3.3.5 on p. 55 of [2] .) However, since the fixed point property is usually stated for locally compact groups and the group we wish to apply it to is far from being locally compact, we have (essentially) incorporated the proof of the fixed point property into the proof of Lemma 3.2. Lemma 3.5 (whose proof is quite trivial) is inserted solely to be able to state the main theorem in its most general form. Proof. Let TO be in (Jtf"l^\ and let G be an amenable subgroup of the unitary group of & with the property described above. Let
Then £/* is an ultraweakly closed convex subset of the unit ball of &(3ίf) and so is ultraweakly compact. Moreover, ^£1^(^)1^. Now, let U in G be fixed and let
Where ||1^ -1^|| < α(α) can be seen by the following argument. By Lemma 6 of [4] there is a central projection P in & such that || \sr -P || < a(a). Also, there is an A in J^ such that || A -1& \\ < a. So, we have || P -1^ || ^ || Pl^ -1,L II + II1Λ -U II + || A -1^ II < α(α) + 2α < 1. Thus, P = 1^ and || 1^ -1^ || < α(α). Therefore, by the previous argument S^ is contained in the following set {T in U^{^)U\ || Γ|| ^ 1 and || Γ -Γ o || ^ 4δ + Now, for any x, y in έ%f define a continuous bounded function f xy on G via, f xy (U) = (U*T 0 Ux, y) for i7 in G. Let ΣUλ*m σjfc (where U k is in G for k = 1, , w) be a convex combination of Dirac means. Then, for any x, y in ^f we have
Let μ be a right invariant mean on G and let {m δ } be a net of means each of which is a convex combination of Dirac means and such that {m,} converges to μ in the weak-* topology on the dual of BC(G). For each δ, let T δ be in ^ such that m δ (f xy ) = (T δ x, y) for all x and y in <%t Since ^ is ultraweakly compact we can choose a subnet {T δ ,} which converges ultraweakly to an operator T in S^. Then, for all x and y in Sίf and each U in G we have
Since the linear span of G is ultraweakly dense in &, we have that T is in &' and since T is in Sf we have that T is in &Ί&, || T\\ ^ 1 and || ϊ 7 -Γ o || ^ 46 + a{a). Similarly, if we start with an S o in (^Ί^X we can find an S in (J^'l^X such that \\S -S o \\ 4 6 + a(a). Therefore, || J^Ί^ -&Ί& \\ ^ 46 + a(a) < 4α + a(a). Clearly, if Jzf and & have the same identity, 1, the above proof shows that || j*"l -^'11| < 4α. 
| φ(PQ) -φ(P)φ(Q) \\ £ \\ φ(PQ) -PQ \\ + \\ PQ -9{P)Q || + II^(P)Q -Φ(PMQ)\\ < 3α(α) < 1, and so φ(PQ) -φ{P)φ{Q)
Since P ^ Q if and only if PQ = P; φ(P) ^ ^(Q) if and only if P Q . Hence, φ is a lattice isomorphism from the central projections of Jzf onto the central projections of &. Therefore, φ extends to a ^-isomorphism (also denoted by ψ) of the algebra generated by the central projections in Ssf to the algebra generated by the central projections in &. By inspection, φ is an is isorαetry and so extends to a ^isomorphism of the centre of J^ onto the centre of &.
The following lemma is due to F. Riesz (see [1] , p. 148). A proof is provided here for the sake of completeness. 
/25618). If S^f is a type I Neumann algebra then & is unitarily equivalent to
Proof. Let P n (Q n ) be the largest projection in the centre of such that P n J^f{Q n^) is of type I n or 0 and let PL(Q' m ) be the largest projection in the centre of Jtf f ls,(0Ί&) such that PiJ^'MQi^'U) is of type I m or 0.
Since Jzf and ^ are both von Neumann algebras by Lemma 3.5 and are both type I by Lemma 10 of [4] we have by the proof of Corollary 6.5 of [3] that the unitary groups of J^ and & each have amenable subgroups of the type described in Lemma 3.2. Hence, by Lemma 3.2 || J^Ί^ -^'1^ ||< 4α + a(a) < 1/3660. Thus, by Lemma 15 of [4] , not only do we have \\P n -Q n \\ < a(a) but also II PL -QL \\< a (4a + a(a) ). So, we have || P' m P % -Q' m Q Λ \\ < a(a) + a(ia + a(a)). If we let P mn = P f m P n and Q mn = Q' m Q n then we have \\P^n^r -Q mn^ || < a + a(a) + a(4a + a(a)) < 1/12. By Lemma 3.3, the centres of these two algebras are * isomorphic. Therefore, by Theorem 8, p. 90 of [6] j^ is unitarily equivalent to &.
THEOREM 3.7. Let £ίf be a separable Hilbert space and let and & be C*-algebras on £ίf each containing the identity of such that II Sf -g& || < a (^ 1/32). // jzf is a von Neumann algebra which is a type I factor, then & is unitarily equivalent to
Proof. If Jtf is a factor of type ϊ n , then so is & by Theorem B of [4] . If J*" is a factor of type I m , then || j*" -^'|| < 4α 1 /8 so again by Theorem B of [4] , & f is a factor of type I m . Hence, and ^ are unitarily equivalent. REMARKS 3.8. By Theorem 3.6, if Szf is maximal abelian on its essential subspace, then & is maximal abelian on its essential subspace and so the ^isomorphism between j^ and & defined in Lemma 3.3 is actually spatial. Using the fact that J^Ί^ = Ssf and &Ί& = & it is not too hard to show that any unitary which implements this particular isomorphism can be extended to a unitary on £{f which is in the von Neumann algebra generated by Szf and &. Thus, it seems highly likely that neighbouring type I von Neumann algebras are actually "inner" equivalent.
As noted on p. 421 of [5] , hyper finite factors satisfy the hypotheses of Lemma 3.2 and so Lemma 3.2 may be of some help in analysing the hyper finite case.
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Added in proof.
In a paper entitled Perturbations of Type I von Neumann algebras to appear in J. London Math. Soc, E. Christensen proves a much sharper version of Theorem 3.6 which answers the question of "inner" equivalence affirmatively. The methods are quite different from those of this paper. The Supporting Institutions listed above contribute to the cost of publication of this Journal, but they are not owners or publishers and have no responsibility for its content or policies.
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